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A.NOQI DUNG, PHAM VI KIEM TRA
Phin mén Chuong trinh tir dau hoc ki IT dén hét bai
Giai tich Cong, tru, nhan so phuc
Hinh hoc Phuong trinh dudng thang

B. KIEN THU'C TRONG TAM

I. NGUYEN HAM
1. Tinh chat

[ f(@)dz = f

flx)+C

ka(x)dx = kJ-f(:v)dx

J[7()

2. Bang nguyén ham cic ham sé thwong gip

g(a;)]dx = [f(z)do £ [g(z)de

Ide:C Z.Idx:x+0
a+l

Ix“dx - a+1x " +C’(0{ * _1) I(ax+b)a dx :é—(afliat_bi +c,a # -1
J.%d$=—é+c dex=%2+0
J.idarzln‘xhC’ J-aaflib =iln|ax+b|+c
Je“’dx =e" +C J‘emb d = 1 e 4 O

a
J-amd:z=%+0 J.ak“bd:z:=lciz +C

Icosmdx =ginz +C

Jcos(ax+b)dx = lsin(ach+b)+C

a
Isinxdx:—cosx+0 Ism( ) :—lcos(ax+b)+0
a
Itanx-dz=—1n|0051’\+c J’COS (a:z:+b) x:%tan(aax#—b)-l-c
jcotx,dx=ln|sinx|+0 JSIH (ax+b) x:—%cot(ax+b)+0

dr =tanz +C

[P

COS T

I '12 dr =—cotz +C

[S10 0N

3. Phuong phap déi bién s6: Néu If(u)dx = F(u) + C thi If(u(x) u'

4. Phwong phap tinh nguyén ham tirng phin: Iudv = UV — J. vdu.
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II. TICH PHAN

b

= F(b) - F(a).

a

1. Dinh nghia If(x)dx = F(z)

j‘f(:v)da; =0

a

[ flayte =~ f(x)da
2. Tuinh chat b

kf(z)dx = kJ‘ f(x)dzx

a

g(x)] dr = J.f(a:)dx + Ig(a:)dx

2 !—.Q" IS) .—'@‘ IS !—.D‘
—
Py
~—
8
N—
-+

c b
f(z)dz = jf(x)dx + If(zz:)dzz:
3. Phuwong phap ddi bién
e Budc 1: Pit u = u(z) = du = u'(z)dr
u = u(b)

u = u(a)

. r=>b
e Budc2:DPoican:
T=a

e Budc 3: Chuyén tich phan di cho sang tich phan theo u

b

. b
4. Phuwong phap tich phan tirng phan Iudv = uv

a

b
I vdu

5. Dién tich hinh phing
y
/

6. Thé tich vat thé

|

/ S(x‘)/

7. Thé tich khéi tron xoay




I11. SO PHUC
1. Khai niém s6 phirc
e S phirc (dang dai s6) a + bi, a va b 1a s6 thuc.
e Hai s6 phirc bang nhau khi phan thyc va phan 4o cta chiing twong dwong bang nhau.
2. S6 phirc lién hop ciaz =a + bila Z =a— bi.
3. Médun ciia so phirc z = a + bi 14 |z|=  a? + b2.
4. Phép cong, trir, nhin so phirc
(a+bi) +(c +di) = a£+c+ (b £d)i
(a+bi).(c +di) = ac—bd + (ad + bc)i
5. Trong mit phing Oxy, diém biéu dién sé phirc z = a + bi 12 M(a; b).

IV. PHUONG PHAP TQA PQ TRONG KHONG GIAN
1. AB = (XB-XA, VB-YV4,2B-Z4)
2.AB=\(x, —x) +(yy — ) +(z;—2,)
3.Cho a = (a;axas), b = (bibybs) va sb thuc k.
@Wa=b < a=bvi ax=byvi a;=b; b)a £ b =(a;t by ar+ by as + by

c) k.;; = (ka;; kay; ka3) d) |; | = \/a12 + azz + 032

a,b,+a,b, +a;b,

e) Tich vo huon ;Z=ab + axb> + azb cos 55 =
/ ¢ e e D v a2 b7 4 b2 4 b

|

g); 1b e ab =0 < ab; + aby + asb; =0
a, a

b2 b3

as 4

b3 bl

a a,

bl b2

)

’

4. Tich ¢6 hwémg ciia @ = (ai;azas) va b = (bybybs): [a,b]= [

5. Phwong trinh mét ciu tdm I(a;b;c), ban kinh R
(-0 +y-b’+ G- =R (dang 1)
X+y +7-2ax—-2by—2cz+d=0 (dang 2).

Véi euy @ + b + & —d > 0, tim 14 I(a;b;c), ban kinh R = v a® +b* +¢* —d. .

6. Phuong trinh tham s6 ciia dwong thing (d) di qua My(xovo,z0), u = (abic) 1a
x=x,+at
y=y,+bt teR

z=12z,+ct

R , Z . | 2 X=Xy V= YVy  Z7Z2
7. Phuwong trinh chinh tac cia dwong thang (d): =T, - (abc # 0)
a c

8. Phuong trinh tdng quat ciia mit phing: Ax + By + Cz+ D =0véi A> + B>+ C* #0
* PT mp(a) qua Mo(xo; yo, zg) vanhan n = (4,;B,;C) lam VTPT la A(x-xg) + B(y-ye) + C(z-20) =0
* PT mat phiang theo doan chin: Mp(a) cit Ox, Oy, Oz tai A(a;0;0), B(0;b;0), C(0;0;c), a,b,c #0 1a

E + X + E =1
a b c
9. Vi tri twong ddi clia 2 mit phing: (a,): Aix + Biy + Ciz + D; = 0,

(a,): Ax + By + Coz + D> = 0.
n =kn, vaDy # kD: = (a,)//(at)
n =kn, vaDi=kD» = (a,)=(a,)

n, #kn, = (a,)cit(a,)

()L (a,)= AA+ BB+ CiC2 =0

10. Khoang cach tir My(xy; ys; 7o) @énmp (o ): Ax + By + Cz +D = 0:

| Axy + By, +Cz, + D |

NA* + B* +C?
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C. MA TRAN PE KIEM TRA

Mirc d§ nhin thire Tén
As <A , A o
pr | Noidung kién Pon vi kién thic vbp | vpc | SoCH o
thire : NB TH (TL) (TL) tong
TN | TL diém
Nguyén ham- 1.1 Nguyén ham 2 3
1 Tich phan-Ung | 1.2 Tich phan 3 3 1 5 1
dung cua tich 1.3 Ung dung cuia tich
A A : 3 3 1
phan phan trong hinh hoc 0 0
2.1 S& phuc 3 3 1 7
2 | S6 phuc 2.2 Cong, trir va nhan s 3 3 2 15
phuc
Phuong phép 3 illéufl’huong trinh mat 3 3 1 |
3 | toa d¢ trong phang — 14| 0 30
o . 3.2 Phuong trinh dudng
khong gian B 3 2 1
thang
Tong 20 20 5 5 50 0 100
Ti 1€ % tirng mirc do nhén thirc 40 40 10 10

PE CUONG ON THI HQC Ki 2 TOAN 12
I- CHUYEN PE 1: NGUYEN HAM, TICH PHAN VA UNG DUNG
1.1. NGUYEN HAM
1.1.1. BAI TAP NHAN BIET

Cau 1. Nguyén ham cta ham s f/(x)=cos3x la:

A. 3sin3x+C . B. —%sin3x+C, C. —sin3x+C D. %sin3x+C,

Cau 2. Trong cdc ham s6 sau, ham s6 ndo c6 mot nguyén ham 1a ham s6 F(x)=1In|x|?

x3

A. f(x)=x B. f(x)=§. C. f(x) > D. f(x)=x.

Cau3. Cho f(x), g(x) la cac ham sd xac dinh va lién tuc trén [ . Trong cac ménh dé sau,
ménh dé nao sai?

A. If(x)g(x)dx=J-f(x)dx.jg(x)dx. B. I2f(x)dx=2_[f(x)dx .

C. [[f(x)+g(x)]de=[ f(x)dr+[g(x)dx. D.
J[7(x)=g(x)]dv=[ 1 (x)dx—[ g (x)dx.

Cau4. Tim ho nguyén ham ciia ham sé f(x)=5".

A. [f(x)dx=5"+C. B. [f(x)dr=5"In5+C.
Sx 5x+1
C. jf(x)dx=1n5+c. D. jf(x)dx=x+1+c.

1.1.2. BAI TAP THONG HIEU

Cius. Néu [f(x)dv=—+Inx+C thi f(x) la
X
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A. f(x):\/;+lnx+C. B.f(x)z—\/;+l+lnx+C.

x
C. f(x)= -~ +hx+C. D. ()=
X X
Ciu 6. Hamsb F(x)ze"3 12 mot nguyén ham cta ham sé:
A. f(x):exz. B. f(x):3x2.ex3. C. f(X)=3ex2. D. f(x):xS.exL'.
x3
Cau7. Néu If(x)dx:?-l—e)%c thi f(x) bang:
x* x*
A. f(x)=x"+€". B. f(x)=?+€x. C. f(x)=3x"+¢". D. f(x)=E+ex.

Ciu 8. Cho ham s6 f(x) théa man f”(x)=3-5cosx va f(0)=5. Ménh dé nio dudi day dung?

A. f(x)=3x+5sinx+2. B. f(x)=3x—5sinx-5.
C. f(x)=3x—5sinx+5. D. f(x)=3x+5sinx+5.
Cau 9: Tim nguyén ham clia ham s6 f(x)=+/2x+3
A. J.f(x)dx=§(2x+3)x/2x+3 +C. B. Jf(x)dx=%(2x+3)x/2x+3 +C.
C. If(x)dx:—§(2x+3)\/2x+3 +C D. If(x)dxz%\/2x+3 +C.
Cau 10. Nguyén ham ctia ham sé y=x*—3x+ 113
X
3 2 3 2
A.x——3i—1n|x|+C. B.x——3i+i2+C. K
3 2 3 2 x
3 2 3 2
C. x——3i+lnx+C, D. x——3i+ln|x|+C,
3 2 3 2
Céu 11: Tim nguyén ham cta ham sb f(x):ln—x.
X
A. [/ (x)de=In’x+C. B. jf(x)dx=%1n2x+c.
C. [f(x)dx=Inx+C D. [f(x)dx=e"+C

1.1.3. BAI TAP VAN DUNG THAP
Cau 16: Cho hai hams6 F(x)=(x" +ax+b)e™ va f(x)=(-x"+3x+6)e™ . Tim a va b dé F(x)
13 mot nguyén ham ctia ham s f (x).

A a=1,b=-T7 B.a=-1,b=-7. C.a=-1,b=7. D.a=1b=7.

Cau 17. F(x) la mot nguyén ham ctia ham s y = xe* . Ham sb nao sau day khong phai 1a F (x)
?
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C. F(x):—%e"2 +C. D. F(x)z—%(Z—exz).

Z X x> +2x
Cau 18: Ham s6 nao sau day khong la nguyén ham ctia ham so f (x):(—l)z.

X+

A F(x)_xz—x—l B F(x)_x2+x—l C F(x)_x2+x+l D F(x)— x’
T x4 VT ks T T Y e T
Cau 19: Tim nguyén ham cua ham s6 f(x)=cos (g]
A. If(x)dx=x+sinx+C. B. J.f(x)dxzx—sinxwLC.
C. J.f(x)dx:§+%sinx+C. D. If(x)dx=§—%sinx+C.

Céu 20. Biét F (x) 1a mot nguyén ham ctia cia ham sO f (x)=sinx va d6 thi ham s6 y=F (x)

di qua diém M(0;1). Tinh F(%j

A F@:z. B. F@:_l. c. F(gjzo. D. F@:l.

Cau 21. Két qua ciia 7= [ xe'dx 1a

A. I=xe"—e" +C. B. [=¢"+xe" +C. C.I:%e"+C_ D.I:%ex+e"+C,
Chu 22. Nguyén ham cia ham s6 f(x)=xe* 1a
A. F(x):lez"(x—lj+C. B. F(x):Zezx(x—ljJrC.

2 2 2

1

C. F(x)=2e*(x—2)+C. D. F(x)zzez’“(x—2)+C,
Céu 23: Nguyén ham ctia ham s6 f/(x)=xsinx la:
A. F(x)=-xcosx—sinx+C. B. F(x)=xcosx—sinx+C.
C. F(x)=-xcosx+sinx+C. D. F(x)=xcosx+sinx+C.

1.1.3 BAI TAP VAN DUNG CAO

Céu 25. Giasirhamsb y=f (x) lién tuc, nhan gia tri duong trén (0;+c0) va théa man f(1)=1,
f(x)= f’(x).«/m, v6imoi x>0 . Ménh d& nao sau ddy ding?

A.2<f(5)<3. B. 1< f(5)<2. C. 4<f(5)<5. D. 3< f(5)<4.

. ) . . 2
Cau 26. Chohamso f(x) xacdinhtrén 1~ théamén f'(x)= =

—. f(-2)+/(2)=0 va

f(—%}+ f(%] =2. Tinh f(-3)+/(0)+f(4) duoc két qua

A. ln§+l, B. lnﬁ—l, C. lnﬂ+l, D. lni—l,
5 5 5 5
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S(x)_ _x

Cau 27. Gia st ham s6 f(x) lién tuc, duong trén [ ; théa man f(0)=1 va =~ =——— Khi
f(x) x +1

d6 higu T = f (2\/5)_2f (1) thudc khoang

A. (2:3). B. (7;9). C. (0;1). D. (%12).

Céu 28. Tim nguyén ham ctia ham s f(x)= Jxlnx.

3

A. jf(x)dx:éxz(slnx_z)w. B. If(x)dxz%x;(3lnx—2)+C.
C. jf(x)dx:§x2(3lnx—1)+C. D. jf(x)dx %x;(ﬁnx 2)+C.

1.2. TICH PHAN VA UNG DUNG
1.2.1. BAI TAP NHAN BIET

2 2
Cau 1. Cho 7 ={f(x)dx=3.Khid6 J = [[4f(x)-3]dx béng:
0 0
A.2. B. 6. C.8. D. 4.

Cau 2. Tich phan _[— bang

16 5 5 2
. —. B. log—. C.In-. D. —.
225 g3 3 15
T
Cau 3: Tichphan 7= I ‘ bang?
- sin” x
n
A. cotz—cotz. B. cot£+cot£. C. —cot£+cot£. D. —cotz—cotz,
3 4 3 4 3 4 3 4

10
Cau4: Chohamsd f(x) lién tuc trén doan [0;10] va _[f( Jdx=7 va J.f )dx =3. Tinh

0
2 10
P=.[f(x)dx+jf(x)dx
0 6
A. P=T7, B. P=—4. C. P=4. D. P=10.

9 0 9
Cau 5: Gia st jf(x)dx=37 va jg(x)dx=16.1<hi do, 1=j[2f(x)+3g(x)]dx bing:
0 9 0

A 1=26. B. =58, C. =143, D. =122,
1

Cau 6. Tinh 1:]( +3\/;jdx
0 2x+1

A. 2+1n+f3. B. 4+In3 . C.2+In3. D. 1+1n+/3.

Cau 7. Cho haisb thuc a, b tuyy, F (x) 1a mét nguyén ham cua ham sO f (x) trén tap [ .
Ménh d& nao dudi ddy la dung?

A. ff(x)dx:f(b)_f(a). B. [jf(x)dxzp(b)_p(a).
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b b

C. [ f(x)dx=F(a)-F(b). D. [ f(x)dx=F(b)+F(a).

Ciu 8. Khang dinh ndo sau day sai?

A [[£(x)+ g ()] =] £(x)r+ [ g (x)dr. B. [ £(x)dv=[ £(x)dv+ [ £ (x)dx.
. if(x)dxzjf(x)dx. D. [ £(x)x=[ r(r)ar.

2
Cau 9: Tinh tich phan 7 = I\/4x+1 dx.
0

A. 13 BE C. 4 Di
A3 -3 4. 3

1
Cau 10: Tinh tich phan 7 = I(2x+1)exdx béng cach dat u=2x+1, dv=e¢'dx. Ménh dé nao sau
0

day dang?
1
1
A I=(2x+1)e'| —2[e'dr. B. [=(2x+1)e +j e dx .
0
1
C. I=(2x+1)e'| —[e™dx. D. I=(2x+1)e
0
e 2
Céu 11: Cho = [xInxdy =<2 v6i a, b, cell . Tinh T=a+b+c.
1 C
A.S. B. 3. C. 4. D. 6.

Cau 12: Viét cong thire tinh dién tich hinh phang dugc gi6i han béi do thi ham s6 y = f(x), truc

Ox va cac duong thang x=a,x=h (a <b).

A. i‘f(x)‘dx. B. ijz (x)dx. C. if(x)dx. D. ﬂzf(x)dx.

Cau 13. Cho hinh (H ) gidi han béi cac duong )y = —x* +2x , truc hoanh. Quay hinh phang
(H) quanh truc Ox ta dugc khoi tron xoay c6 thé tich la:
A, 207 B. 22% c. 2z D. 167
15 15 3 15

Cau 14. Chohamsd y = f(x) lién tuc trén doan [a;b]. Goi D 1a hinh phang gi¢i han boi db thi
ham s6 y=f (x) , truc hoanh va hai duong thing ~— ., x=b (a <b) . Thé tich khdi tron xoay
tao thanh khi quay D quanh truc hoanh dugc tinh theo cong thirc.

b
AV =7[f(x)dx. B. V= 27rjf )dx . CVﬂjf )dx. DV;z[f
Cau 15: Viét cong thirc tinh thé tich V ciia khdi tron xoay dugc tao ra khi quay hinh thang cong,
gidi han boi d6 thi hamsd y = f (x) truc Ox va hai duong thing x — o, x =5, (a < b) xung quanh
truc Ox .
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A. V:ﬁjfz(x)dx. B. szifz(x)dx. C. V:ﬂjf(x)dx. D. V=j.|f(x)|dx.

Cau 16. Cho hinh phiang (D) duoc giéi han boi cic dudng x=0, x=1, y=0 va y= J2x+1 .
Thé tich ¥ ctia khéi tron xoay tao thanh khi quay (D) xung quanh truc Ox dugc tinh theo cong

thuc?

1 1 1 1
A. ¥V =nf2x+1dx. B. V=n[(2x+1)dx. C.¥V=[(2x+1)dr. D.V=[2x+ldx.
0 0 0 0

Cau 17. Chohamsé y = f(x) lién tuc va c6 dd thi nhu hinh bén. Goi D 1a hinh phing gi6i han

boi d6 thi ham sb da cho va truc Ox . Quay hinh phang D quanh truc Ox ta duoc khdi tron xoay
6 thé tich ¥ duoc xac dinh theo cong thirc

y
3
O] N3 x
A. V:ﬁjj.[f(x)]zdx. B. V:%j[f(x)]zdx.
C. V:ﬁj[f(x)]zdx. D. V:J?[f(x)]zdx.

1
Cau 18: Cho hamsé y=f(x) lién tuc trén [a,b]. Dién tich hinh phang (H)gi6i han béi d6 thi

hamsd y=f (x) , truc hoanh va hai duong thang x = a;x = duoc tinh theo cong thirc

b

A. S:nlj[f(x)]zdx B.s=[f(x)&x  C. S:yzﬁf(x)\dx D. S:ﬁf(x)\dx

a

Cau 19. Cho cac ham s6 y = f(x) lién tuc trén [a;b], (a,b el . Goi § 1a dién tich hinh
phang duogc gidi han béi cac duong y = f (x) s truc hoanh Ox ; x — 4 x =b . Phat biéu ndo sau
day la dang?

b b a b
A. S =[f(x)dx. B. s = If(x)dx‘. C.S=[|f(x)dx. D f|7(x)dr

a a b a

Cau 20. Dién tich hinh phang gi6i han boi cac duong y = 42 ,x=1,x=2, y=0.
A s=19 B.s-%. Cc.s=1 D.s=2.

3 3 3 3
1.2.2. BAI TAP THONG HIEU

X +x+1

5
Cau 21. Biét j
3

A §=-2. B. §=5. C.§5=2. D. §=10.

b . .
dx=a+In— voi a, b 1a cac so nguyén. Tinh S=a-2b.
x+1 2

2
Céu 22: Tich phan [——dx bing.
0 2x+1
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A. 2In5 . B. %1n5. C. In5, D. 41n5 .

3

x* +3x

5
Cau 23: Biét rang I
1

A.a+2b=0. B. 2a-b=0. C.a-b=0, D. a+b=0.
2 5 5

Ciu 24: Néu [ f(x)dx=3, [ f(x)dr=—1 thi [ f(x)dx bing
1 2 1

A. 2. B. 2. C.3. D. 4.
Céu 25. Cho ham s f (x) lién tuc trén khoang (—2;3). Goi F(x) la mdt nguyén ham cua f/(x)

dx=aln5+bIn2(a,beZ). Ménh dé nao sau day dung?

2
trén khoang (2;3). Tinh 7 = [[ f(x)+2x]dr, biét F(~1)=1 va F(2)=4.
-1

A. =6, B. /=10, C.1=3. D. 71=9.

Cau 26. Cho j.[3f(x)+2g(x)]dx:1, T[Zf(x)—g(x)]dx=—3. Khi do, jf(x)dx bing

1

VLY B. 2. ct. D. 10
7 7 7 7
¢ dr 2 ;
Cau 27. Cho tich phan I=I—=a+bln— VOl a,b el] . Ménh dé€ nao sau day dung?
0 3++2x+1 3
A.a-b=3. B. a-b=5. C.a+b=5. D.a+b=3.

3
Ciu 28. Cho ham s6 y = f(x) lién tuc, ludn duong trén [0;3] va théa man I = jf(x)dx =4. Khi
0

3
d6 gi4 trj cua tich phan K = [ (e”‘“m")) +4)dx la:
0
A. 4+12e . B. 12+4e . C. 3e+14. D. 14+3e.
1 2
Cau 29. Cho f(x) liéntuc trén I vathéa man f(2)=16, _[f(2x)dx =2. Tich phan Ixf’(x)dx
0 0
bang
A. 30. B. 28. C. 36. D. 16.
1
A . £ xdx a .. s A A N LA A Ks o , -
Cau 30: Biet j— =— vo0i1 @, b 1a cac s6 nguyén duong va phan thirc — t61 gian. Tinh gid
oNSx+4 D b
tri cua biéu thirc 7 = a® +52.
A. T =13. B. 7=26. C.T=29. D. 7T=34.

Céiu 31. Cho ham s6 y = f(x) lién tuc trén doan [1;3] théa man f(4-x)=f(x),Vxe[L;3] va

3 3

[xf (x)dr=-2.Giatri | f(x)dx bing
1

1

A.2.  B.-lL C. -2. D. 1.
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5
Cau 32: Cho f(x) va g(x) 1a hai ham s6 lién tyc trén O . Biét j[2f(x)+3g(x)}dx=l6 va
-1

j.[f(x)—3g(x)]dx:—l. Tinh jf(zxﬂ)dx.

Al B. 2. C. D.5.
2

1
=
2
Céu 33: Tinh /= [xe* dx A.I=¢. B.i=-¢. C.I=3e-2e. D.I=e.
1
Ciu 34: F(x)la mot nguyén ham cta ham sé /(x)=(5x+1)e* va F(0)=3. Tinh F(1).
A. F(1)=1le-3. B. F(l)=e+3. C. F(l)=e+7. D. F(lI)=e+2.
2
Cau 35. Biét tich phan J.(4x—1)lnxdx:aln2+b V6i o, be Z. Tong 2a +b bang
1

A. 5. B. 8. C. 10. D. 13.
1.2.3. BAI TAP VAN DUNG THAP

Cau 37: Tinh dién tich § cua hinh phing (H) gi6i han boi duong cong y=-x"+12x va y=—x’

_343 B.s= /23 C.s=27 D. s=27

A, S="— —
12 4 4 12

Ciu 38. Tinhthétich ¥ cia vat thé tron xoay sinh ra khi cho hinh phang gi6i han bai cac duong

y=l, y=0, x=1, x=a, (a>1) quay xung quanh truc Ox .
X

av=[1-1) I S [Py (V)
a a a a

Cau 39: Dién tich hinh phing gi6i han béi hai do thi f(x)=x"-3x+2; g(x)=x+2 la:
A. S=38. B. S=4. C.S=12. D. S=16.

Cau 40. Tinh dién tich hinh phing gi6i han boi cac dd thi ¥ =x"—2x va y=-x"+x?

A2 B. 6. C. 12. p. 1%,
8 3
Cau 41. Dién tich hinh phing gi¢i han béi cac duong ¥ =" va y=x+2 la
A. S=9. B.s=2. C.s=2. D.s=3.
4 2 9

Ciu 42. Tinh dién tich § cia hinh phang giéi han bdi cac duong y=¢', y=2, x=0, x=1.

A. S=4In2+e-5. B. S=4ln2+e-6. C.S=¢"-7. D. S=e-3.
. . . . x*—2x ,
Cau43. Tim ., dé di¢n tich § cua hinh phang gidi han boi (P):y= - duong thang
x_
d:y=x—-1vax=a, x=2a (a>1) b%lng In3?
A.a=1. B. a=4. C.a=3. D. a=2.
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1.2.4. BAI TAP VAN DUNG CAO

V2x +1dx
2x+32x+1+3

A. T=4. B.T=2. C.T=1. D.T=3.

4
Ciu 45. Biét | :a+blnz+c1n§(a,b,cem;.Tinh T=2a+b+e.
0

Cau 46. Cho I=J'(2x—l)ezxdx. Tap hop tit ca cac gia tri ciia tham s6 m dé I<m 1a khoang
0

(a;b). Tinh P=a-3b.

A. P=-3. B. P=-2. C. P=-4. D. P=-1.

Céiu 47: Cho ham s6 y=ax*+bx*+¢ c6 d6 thi (C), biét rang (C) di qua diém A(-1,0), tiép
tuyén d tai 4 cua (C) cat (C) tai hai diém c6 hoanh do 1an luot 1a 0 va 2 va dién tich hinh

. e . X - . . . : 28 )
phéing gi6i han boi d , d6 thi (C) va hai duong thang x=0; x=2 c6 dién tich bang < (phan t6

mau trong hinh v¢).
YA

1 2 X

Dién tich hinh phing gi6i han béi (C) va hai duong thang x=—-1; x=0 c¢¢ dién tich bang

W | —

2
A. —. B.

2
.- D.
5 ¢ 9

N

X

; - 1 2 2
CAu 49: Cho ham s6 chdn y = f(x)lién tuc trén [ va Iyd" =8 . Tinh If(x)dx.
-1 0

A.2. B. 4. C.8. D. 16.
Cau 50. Cho ham s§ y=x"=3x"+m c6 dd thi (C,), V6i » Ia tham sb thuc. Gia s (C,,) cét

truc Ox tai bon diém phan biét nhu hinh vé&

v

i+

[

Il L % Il x‘ﬂ ] ] xL
2 @" [ @’ 13
BB

Goi S, §,, S5 1a dién tich cac mién gach chéo duoc cho trén hinh vé. Gid tri ctia ,,, dé

S +8,=5, 1a

.
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A 2. B.
2

II- CHUYEN PE 2: SO PHUC
2.1. KHAI NIEM SO PHUC
2.1.1. BAI TAP NHAN BIET

NIV
0
|
I
=)
N |

Céiu 1. Phan thyc va phan o cta sd phtc z=1+2i 1an luot la:

A.2val B. 1 va 2i. C.lval. D.1vai.
Cau2: S phirc - thoa min z=5-8i c6 phan do la
A. 8. B. -8i. C.5. D. -8.

Céu 3. Phan 4o cua s phuc z=2-3i 1a
A. —3i. B. 3. C. -3. D. 3i.

Caud. Cho hai sé phitc 7, =—1+2i, z,=-1-2i . Gia tri clia biéu thirc |z’ +|z,|" bang
A A0, B. 10. C. -6. D. 4.

Céau 5. S6 phirc lién hop ctia sé phirc z=1-2i 13

A, 1+2i. B. -1-2i. C.2-i. D. —1+2i.

Ciu 6. Trong mit phang Oxy, cho cac diém A, B nhu hinh v& bén. Trung diém ciia doan thang
AB biéu dién s6 phc.

y
3p--e8
Aot
o ol 1x
A. —%+2i. B. —1+2i . C.2-i. D.Z—%i.

Cau 7: Trong cdc ménh dé sau, ménh dé nao dang?
A. Sb phirc z=2-3i ¢6 phan thyc 13 2, phan 40 1a -3.
B. S6 phirc z=2-3i ¢6 phan thuc 14 2, phan a0 1a —3i .
C. S phirc z=2-3i c¢6 phan thyc 1a 2, phan 4o 1a 3 .
D. S6 phitc z=2-3i ¢6 phan thuc 13 2, phan o014 3.

Cau8: Chosb phtc z=3-5i. Goi w=x+yi (x,y el 12 mot can bac hai cta . Gia tri caa biéu

thae T=x"+y" 1a

A. T=706. B. T=1?7. C. T:%. D.T=34,
Cau9: Cho sb phirc - thoa man (1+2i)z =(1+2i)—(-2+i). M6 dun cta - bang
AL B. 1. C. 2. D. V10,
Cau 10. Tim céc s0 thye X,y thoa man 2x—1+(1-2y)i=2-x+(3y+2)i.
3 3 1 1
A, x=Ly==. B. x=3y==. C.x=3y=—. D.x=1y=—-.
x=Ly=< x=3%y=z x=3y 5 x=Ly=-2
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Céu 11: Tinh moédun cta sd phuc - biét z = L¥7i,

—4i
A. |7=25V2 . B. |2/=0 . C. |7|=+2. D. |7]=2
Céu 12. Diém M trong hinh v& bén 14 diém biéu dién sb phirc
A z==2+i. B.z=1-2i. v 4
C.z=2+i. D. z=1+2i. A !
_é O| X

Céu 13. Cho s6 phirc - ¢6 biéu dién hinh hoc 1a diém M & hinh v& bén. Khang dinh nao sau day
la dang?

A. z=3+2i. B. z=-3+2i. C.z=-3-2i. D. z=3-2;i.

Cau 14. Cho bén diém 4, B, C, D trén hinh v& biéu dién 4 s6 phuc khac nhau. Chon ménh
dé sai.

4 "

20 -1 1
Lol ¥
O

D |

CA———— _—2--43

A. B labiéu dién sd phirc z=1-2i.
C. C 1abiéu dién s6 phic z=-1-2i.

B. D 1a biéu dién s6 phitc z=-1-2i.
D. A 1a biéu dién s6 phic z=-2+i.

Ciu 15: Diém ndo trong hinh v& dudi day 1a diém biéu dién cta s6 phic z=(1+i)(2-i) ?

1

#W
N M
| gl il ¢
| |
] I
| |
| |
| 1 4= = = = = == ,Q
| | I
| | I X
_Ig ) 10 1 2 3 o
b ————— - - ;
P
-2
A. P. B. M. C.N. D. 0.

Cau 16: Trong mit phang Oxy, cho cac diém 4,3 nhu hinh vé bén. Trung diém ctia doan thang

AB biéu dién s6 phuc.

A. —%+2i B. —1+2i .

Trang

1
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Céu 17. Cho sb phtc z,=3+2i, z, =6+5i . Tim sb phuc lién hop cua sé phirc z =6z, +5z,

A. z=51+40i. B. z=51-40i. C. z2=48+137i. D. z =48-37i.
Céu 18. Cho s phtic z=a+bi véi 4, b 13 cac sb thuc bat ky. Ménh dé nao sau day dung?
A. Phén 4o cua ; 1a bi. B. Mo6dun cua z* bang o +5°.

C. z—Z khong phai la so thyc. D. SO z va I ¢6 médun khac nhau.

2.1.2. BAI TAP THONG HIEU
Céu 19. .S6 phirc z nao sau day thoa |2/ =+/5 va z 1a s6 thuén ao?

A. z=45. B. z=2+3i. C.z=5i. D. z=—/5i.
Cau 20. Cho s phirc (1-i)z=4+2i. Tim médun cua sO phitc w=2z+3.

A. 5. B. \10. C. 25, D. 7.

Céu 21. Cho s6 phirc z =1-2i thi sé phic lién hop z ¢6
A. phan thyuc bang 1 va phan 4o bang 2. B. phan thuc biang —2 va phan 4o bang 1.
C. phan thyc bang 1 va phan 4o bang 2. D. phan thyuc bang 2 va phan do bang 1.

Cau 22. C6 bao nhiéu s6 phitc z théa man (1+i)z+(2—i)z=13+2i ?

A. 4. B. 3. C.2. D. 1.
Cau 23: Cho s phtrc z théa man: z(1 —2i)+;.i =15+i . Tim modun cia s6 phirc z ?
A. |7]=5. B. |7|=4. C. |4=25. D. |Z|=243.

Ciu 24: Tim phan 40 cua sb phtc z biét z :(\/§+i)2 (ﬁ—i).
A 4. B. 43. C. 43, D. 4.
Cau 25: Cho sd phitc z=3-4i . Ménh dé nao dudi day sai?
A. Modun cua sé phic z bang 5. B. S6 phuc lién hop
cua z la 3-4i.
C. Phan thuc va phan 4o ctia z 1an luot 1a 3 va —4.
D. Biéu dién s6 phirc z 1én mit phang toa d6 1a diém M (3;-4).

CAu 26: Cho so phirc z théa man z—(2+3i)z =1-9i. Tinh tich phan thyc va phan do cia sb

phuc z.

A. 1. B. 2. C. -1. D. 2.
Céu 27: Tdng phan thyc va phan 4o ciia s phirc z=(1+i)’ —(3+3i) 1a

A. 4. B. 4. C.-3-i. D. 10 .

Céu 28: Cho s6 phitc z thoa man diéu kién (1+7)(2+i)z+1—i=(5-i)(1+i). Tinh mddun cta sb
phic w=1+2z+2z".
A. 100, B. J/10. C.5. D. 10.

. 1+3i e, .
Céu 29: Cho s6 phitc z=a+bi (a,bell thoa man a+(b—1)i=l 21..G1é tri nao dudi day la
— 2zl

modun cua z ?
A. 5. B. 1. C. 0. D. 5.
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Cau 30. Cho sb phttc z théa mén (3+2z’)z+(2—i)2 =4+i. Hiéu phﬁn thuc va phﬁn 40 clua
sO phtrc z bang

A. 1. B.’O. C. 4. D. 2.
2.1.3. BAI TAP VAN DUNG THAP

Céu 31: Tinh moédun cta s phic z thoa mén: 3zZ2+2017(z—Z)=48-2016i.

A. |7|=4. B. |z|=+/2016.. C. |z|=+/2017 . D. ||=2.

Céu 32: Cho hai s6 phirc z, =—1+2i, z, =—1-2i . Gi4 trj ctia biu thirc |z,|" +|z,| bing
A. 10, B. 10. C. 6. D. 4.

. ) : s . . 1+3i e e re aa 1s
C4u 33: Cho s6 phitc z=a+bi (a,bel] théamain a+(b—1)i= . 21. . Gia tri nao dudi day 1a
’ —2i

modun cua z ?

A.S. B. 1. C. Jio. D. 5.

Ciu 34. Phan thuc va phan 4o cta sd phic z =(1+2i)i lan luot 1a
A.1va?2. B. -2 val. C.1va-2. D.2 val.

Cau 35. Tim hai s6 thuc x va y thoa man 3x+ + 4+ = — vo6ii ladonviao.
Ax=— =— B.x=— =—. Cx= =—, D.x= =—.

Ciu 36. Cho bén diém M, N, P, O la cac diém trong mit phang phtic theo thir ty biéu dién
cacsb6 —i, 2+i, 5, 1+4i. Hoi, diém nao 13 trong tdm cua tam giac tao boi ba diém con lai?
A. M. B. N. C. P. D. 0.

Céu 37. Cho cac sb phicc - théa min |z—i| =5. Biét rang tdp hop diém biéu dién sb phirc
w=iz+1-i la dudong tron. Tinh ban kinh cta dudng tron do.

A.r=22. B. »=20. C.r=4. D.r=5.

Céu 38. Diém biéu dién cua cac sd phitc z=7+bi v6i bel nim trén dudng thang c6 phuong
trinh 1a:

A y=7. B. x=7. C.y=x+7. D. y=x.

Cau 39: Tap hop tat ca cac diém biéu dién cac s6 phic -théa man: ‘2+2—i‘ =4 la duong tron

c6 tim] va ban kinh R 1an luot 1a:
A. I(-2;-1);R=4. B. I(-2-1);R=2. C.I(%-1);R=4. D. I(%-1);1(2-1)

Ciu 40: Cho s6 phirc z =—1+2i. S6 phirc z dugc biéu dién boi diém nao dudi day trén mit phang
toa do?

A. P(1; 2) B. N(I; -2) C. 0(-1 -2) D. M(-1; 2)

2.1.4 BAI TAP VAN DUNG CAO

Clz=3i
(=1 va -
1 Z+1

77—
A. P=T7. B. P=-1. C. P=1. D. P=2.

=1.Tinh P=a+b.

Céu 41: Cho s phtic z=a+bi , (a,bell thoaman z
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Céau 42: C6 bao nhiéu s phirc z thoa man |z +1-3i|=3v2 va (z+2i)" 1a sb thudn a0?
A. 1. B.2. C.3. D. 4.
Céu 43: Trong mit phiang toa do Oxy, goi (H) la phan mat phing chtra cac diém biéu dién cac

s6 phirc z théa min % va % c6 phan thyc va phan 4o déu thudc doan [0;1] . Tinh dién tich §
cia (H).

A. 5=32(6-7). B. S=16(4-7).  C.256. D. 647,

2.2. PHEP CONG, TRU, NHAN SO PHUC

2.2.1. BAI TAP NHAN BIET

Cau 1: Cho hai sé phirc z, =2+3i, z, =—4—5i . Sé phlic z=z,+2z, 13

A, z=2+2i. B.z=-2-2i, C.z=2-2i. D. z=-2+2i.
Cau2. Cho s phiic z =1+i va z, =2-3i. Tim s6 phic lién hop cua s6 phitc w=z, +z, ?

A w=3-2i. B. w=1-4i. C. w=—1+4i. D. w=3+2i.

Cau 3. Cho hai sd phiic z, =2+3i, z,=—4—5i. Tinh z=z, +z,.

A, z=-2-2i. B. z=-2+2i. C.z=2+2i. D. z=2-2i.

Céau 4. Phan thyc cta sd phiic z=(3-i)(1-4)la A.-1. B.13. C.1. D.
-13.

Cau5: Tinh modun cta sb phic z=3+4i. A. 3. B. 5. C.7. D. 7

Ciu 6. Goi a,b 1an luot 13 phan thyc va phan ao cta sd phic z :‘l—ﬁi‘(l+2i)+|3—4z'|(2+3i).

Giatricua a—-b la

A. 7. B. 7. C. 31. D. -31.
Cau7. Cho haisd phicc z=a+bi, z'=d'"+b'i (a,b,a’,b'el]l .Tim phﬁn 40 cua sb phuc zz'.
A. (ab'+d'b)i . B. ab'+a'b. C. ab'-a'b. D. ad' -bb'.

, , o . 2-3i)(4—i
Cau 8. Tim toa do diém biéu dien cua so phuc z = (331—)(21) .

+2i

A. (-,—4). B. (1;4). C. (,4). D. (-1;4)
Céu 10. Cho s6 phirc z théa min z(1+i)=3—-5i. Tinh médun cua z.
A. |Z|:\/ﬁ. B. |Z|:16. C. |Z|:17. D. |Z|:4.

Cau 11: Goi z va z, lan luot 1 hai nghiém cia phuong trinh 2> —4z+5=0. Gia tri clia biéu
thitc P=(z, —2z,).z, -4z bang:
A. -10. B. 10 C. 5. D. -15.
Céu 12.Cho s6 phtic z =+ + .S phirc z ¢6 phan 4o 1a:
A. 2. B. 4. C.— . D. 2:.
Céu 13. Cho sd phtic z thoa min z+4z = 7+i(z—7). Khi d6, mddun cua z bang bao nhiéu?
A. |2]=5. B. |z|=43. C. |z=5. D. |z|=3.
Trang 17



Cau 14: Cho hai s6 thyc x, y thda man 2x+1+(1-2y)i=2(2-i)+yi—x. Khi d6 gia trj cua
x> —3xy—y bang

A. 2. B. 1. C. 3. D. -1.
Ciau 15: Cho s6 phic z=a+bi(a,bell théaman |z/=5 va z(2+i)(1-2i) 1a mot s6 thuc. Tinh
P=|a|+[4
A. P=5 B. P=7 C. P=8 D. P=4
Céu 16: Diém nao trong hinh v& dudi day la diém biéu dién cua sb phirc z = (1+i)(2—i) ?
by
N M
¢ -oi-— -9
Vo
| | Q
B
| | !
| K
_:3 -2 -1 0 1 2 3
! S -
P
A. P. B. M. C.N. D. Q.
2.2.2. BAI TAP THONG HIEU
Céu 17. C6 bao nhiéu s phirc z théoa min |2| =]z +2|=1?
A. 0. B. 1. C. 4. D. 3.

Céu 18. Chosd phitc z=a+bi (a, be') théamin z+1+3i—|z[i=0. Tinh S=a+3b.

A.SZZ. B. S=-5. C. S§=5. D.Sz—z.
3 3
Céu 19. Cho sb phitc z=a+bi (a,bel] ~théaman |z—-1+2i|=5 va zZ =10 . Tinh P=a-b
A. P=4. B. P=-4. C. P=-2. D. P=2.
Céu 20. C6 bao nhiéu sé phirc z théa mén didu kién z* =|2[ +Z ?
A. 1. B. 4. C.2. D. 3.
Cau 21: C6 bao nhiéu s6 phirc z thda man (1+i)z+2z 1a s6 thuan ao va |z—2i|=1
A 2. B. 1. C.0. D.V6 sb.

Céu 22. Trong céc sb phirc: (1+:)’, (1+i)*, (1+i)’, (1+i)" sb phirc ndo 1a s§ phirc thudn a0?

A. (1+i). B. (1+i)". C. (1+i), D. (1+i)".

Céu 23. Cho s phirc z thoa man (3+2i)z+(2—i)’ =4+i. Hiéu phin thyc va phin 4o cia sb
phtc z bang

A.l. B.O0. C. 4. D. 2.
2.2.3. BAI TAP VAN DUNG THAP

. 1 B3 .
Cau 24. Cho s0 phtrc Z=—§+7i. Tim s6 phttc w=1+z+z".
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A. 2-f3i. B. 1. C.0. D. —%+§i.
Céu 26: Cho hai s6 phirc z,, z, théa man |z|=1, |z,|=2 va |z, +2,|=3. Gid tri cta |z, —z,| 1
A. 0. B. 1. C.2. D. mot gia tri khac.
Céu 27: Tinh tong S =1+ +i® +...+i>"°.
A. S=1. B. S=i. C.S=-i. D. §=-1.
Cau 28. Xét cac s phirc - thoa man |z| = V2. Trén mit phing toa dd Oxy tap hop cac diém biéu
dién céc s6 phirc w = 51+ Z 13 mot dudng tron ¢ ban kinh bang
+z
A. 44, B. 52. C. 2413 D. 2JiT.

Cau 29: Xét cac sb phtc - théa man (E+2z’)(z—2) 1a s6 thuan 0. Trén mat phéng toa dg, tap

hop tat ca cac diém biéu dién cac s6 phuc - 1a mot dudng tron cd ban kinh bang

A. 22 B. 4 C. 2 D. 2
Cau 30. Cho sd phirc-thoa man |Z| =2. Biét rang tap hop cac diém biéu dién s6 phuc
w=3-2i +(2—i)z la mot duodng tron. Tim toa do tam [ cia duong tron d6?

A. 1(3;-2). B. 1(-3;2). C. I(3;2). D. I(-3;-2).

z+2

Cau 31. Xét cic soO phuc - thoa man 1a s0 thuan 4o. Biét rang tap hop cac diém biéu dién

z—2i
cac s6 phirc - ludn thudec mot dudng tron cd dinh. Ban kinh ctia duong tron d6 bang

A. 1. B. V2. C. 22. D. 2.

2.2.4. BAI TAP VAN DUNG CAO

Cau 32. Cho hai s6 phirc z,,z, thoa man |z,|=2.|z,|= J3.Goi M, N 1a cac diém biéu dién cho

z, Vi iz,. Biét MON =30°. Tinh S =|z] +4z3|.
A.5\2. B. 3\3. C. 47. D. 5.

Chu 33: Cho hai s6 phiic z,z, thod man |z|=6, |z,|=2. Goi M, N la cac diém bicu dién cho

2, Va iz,. Biét MON =60°. Tinh T =|z +92z;)|.

A. T=18. B. I'=243 . C.T=36V2. D. T =3643.

2.3.PHEP CHIA SO PHUC
2.3.1. BAI TAP NHAN BIET

Ciu 1. Cho sd phtic z=1+i. S phirc nghich dao cua z 1a

Ly B.1-i. c. L. p. L
NG} 2 2
Ciu 2: Cho hai s phtic z, =1+2i, z, =3—i. Tim sb phuc =22,
Z

1
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A.Z=l+zi. B.z=—+—i. C.Z=l—zi. D.z=——+—1i.
55 10 10 55 10 10

2.3.2. BAI TAP THONG HIEU

Ciu 3. Cho sd phtc z thoa méin (1+3i)z—5=7i. Ménh dé nao sau day dung?

A z=—"42i, B.z=————i. C.z=—2-2i. D.z=—+-i.
55 5 5 5 5 5°5

Cau 4. Cho s phtic z=a+bi théa min (z—8)i+z—6i=5+5i. Gid tri clia a+b bang

A. 19, B. 5. C. 14. D. 2.

Cau 5. Cho sé phiic z thoa méan (1+i)z=—1+3i. Hoi diém bicu dién cta z 1a diém nao trong
cac diém M, N, P, O & hinh duéi day?

YA
NF___'___IM
-1 o] 1 X
P50
A.Piém 0. B. Piém P. C.Pbiém M . D. Piém N .
3
) _ (1+\/§i) -
Cau 6. Cho s0 phtirc z thoa man: z =? . Tim modun cua z+iz.
—1
A W2 B. 4. C. 82 D. 8.

2.3.3. BAI TAP VAN DUNG THAP

z-2z+1

Céu 7. Cho s6 phitc z théa man diéu kién (1+i)(z—i)+2z =2i. Médun clia sO phuc w= :
z

la:
A0, B. \8. C. —10. D. 8.
Ciu 8: Cho sb phtc z thoa mén: |z—1|=|z—2+3i|. Tap hop cac diém biéu dién sb phic z 1a

A.Duong tron tdm /(1;2), bankinh R=1. B. Budng thang c6 phuong trinh 2x—6y+12=0

C. Duong thang c6 phuong trinh x—3y—6=0.  D. Pudng thing c¢6 phuong trinh x—5y-6=0

z-2z+1

2

Céu 9. Cho s6 phirc z théa man diéu kién (1+i)(z—i)+2z =2i. Médun clia sd phuc w=
z

la:
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A. 10, B. 8. C. —\10. D. 8.

Céu 10. Cho cac sé phirc z thoa min |z—i|=|z—1+2i|. Tap hop cac diém biéu dién cac sb phirc
w=z+2i trén mit phang toa d6 1a mot dudng thing. Phuong trinh duong thing do 1a:

A. x-4y+3=0. B. x+3y+4=0. C. —x+3y+4=0. D.x-3y+4=0.

Céu 11: Tim modun ctia s phitc z biét z—4=(1+1)|z|—(4+32)i.
A ld=3. B.|o|=2. C. |1=4. D. |=1.

2.3.4. BAI TAP VAN DUNG CAO

A }( 7 . 2 ~ _1 hY - ) 14
Ciu 12. Cho so phiic z=a+bi, (a,bel] théa min Z— =1va |2 3.Z‘=I.T1nh P=a+b .
’ zZ—1 z+1
A. P=T7. B. P=-1. C. P=1. D. P=2.

Cau 13. Sophic z=a+bi (véi a, b 1as6 nguyén) thoa man (1-3i)z 14 s6 thyc va \2 -2 +5i\ =1

.Khid6 a+b 1a
A. 9. B. 8. C.6. D.7.
I 1 1

Céu 14: Cho hai s0 phic z, w théa man |z|=3 va —+—=
z w Z+w

.Khi d6 |w| bang:

A. 3. B C. 2. D.

W | =

1
‘5
Cau 15. C6 bao nhiéu sb phic z thoa man |z-3i| = J5 va ﬁ 1a sb thuan 40?

A. 0. B. v6 sb. C.1. D.2.
Céu 16: Cho s6 phtc z thoa min lZ|=2. Biét rang tap hop cac diém biéu dién sb phirc
w=3-2i+(2—i)z la mgt duong tron. Ban kinh R ctia duong tron do bang ?

A. 7. B. 20. C. 2.5. D. 7.
2.4. PHUONG TRINH BAC HAI VOI HE SO THUC

2.4.1. BAI TAP NHAN BIET

Cau 1. Tim tit ca cic nghiém ctia phuong trinh z* +2z+5=0 trén tap s6 phirc [ .

A 1420 1-2i B.1+i;1-i. C.-1+2i; -1-2i. D.-l+i; -1-i.
Cau2. Goi z va z, 1 hai nghiém phic ciia phuong trinh 4z° —4z+3=0. Gia trj ctia biéu
thirc |z,|+|z,| bang

A. W2, B. 243 C.3. D. 3.

Ciu 3: Nghiém phtic ¢6 phan do duong cta phuong trinh 2> —z+1=0 la:

A. l+£i. B. —l+£i. C. l—ﬁi. D. —l—ﬁi.
2 2 2 2 2 2 2 2

Ciau4. Nghiém phirc c6 phan ao duong ctia phuong trinh z> —z+1=01a z=a+bi véi a, bell
. Tinh a +\/§b .
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A. -2. B. 1. C.2. D. 1.
Cau5: Goi z 1a nghiém phirc c6 phan 40 4m ctia phuong trinh z> —2z+5=0. Tim toa d6 diém

7—4i

biéu dién s6 phirc trén miat phang phirc?

Z
A. P(3;2). B. N(1;-2). C. 0(3-2). D. M(1;2).
Céu 6. Cho z,, z, 1a hai nghiém phtic ctia phuong trinh 22> +1=0 (trong d6 s6 phirc z, ¢6 phan
ao am). Tinh z +3z,.
A. z,+3z, =24 B. z+3z,=—/2.  C. z+3z,=—/2i. D.z+3z,=2.

Cau 7. Cho phuong trinh z* —4z+5=0 c6 hai nghiém phirc z,, z, . Tinh 4=|z|+|z,|+zz,.

A 4=25+25 B. 4=0. C.4=5-2{5.  D.A4=5+2\5,
Cau 8: Ky hiéu z,, z, 1a hai nghiém phtrc ciia phuong trinh 2z* —4z+9=0. Tinh P:l+i.
4 5
A.P=—ﬂ. B.P=i. C.P=2. D.P=—2.
9 9 4 4

2.4.2. BAI TAP THONG HIEU

Cau 9. Goi z 1a nghiém phuc c6 phan 40 4m ciia phuong trinh z* +2z+3=0. Toa do diém M
biéu dién sb phirc z, 1a:

A. M(—l;—ﬁ). B. M(-1;2). C. M(-1;-2). D. M(—l;—ﬁi).

Ciu 10. Goi z,, z, 1a cac nghiém ciia phuong trinh z> +2z+10=0 trén tap hop sb phiic, trong
d6 z, 1a nghiém c6 phan 4o dwong. Trén mit phang toa do, diém nao dudi ddy la diém biéu dién
sO phirc w=3z, -2z, .

A. M(-1;15). B. M(15-2). C. M(-215). D. M (15;-1).

Cau 11. Tim phan thyc va phan 4o cuia sO phirc z, +z; biét z,, z, 1a hai nghiém phtrc ciia

phuong trinh: z* —4z+5=0.
A. 4. B. 6. C.8. D. 5.

Cau 12. Goi z,, z, 1a hai nghiém phitc ctia phuong trinh 2z° —-3z+4=0. Tinh w= 1 + 1 +iz,z,
4 5

A,W=—§+2i_ B.w:§+2i_ C.W=2+§i, D.w:§+2i_
4 4 2 2

Céu 13. Goi z, va z, 13 hai nghiém ctia phuong trinh 22> +6z+5=0 trong d6 z, ¢ phan 4o am.
Phan thuc va phan 4o ciia s6 phirc z, +3z, 1an luot 1a

A. —6;1. B. -1;-6. C. -6;-1. D. 6;1.
Ciu 14: Goi 4, B 1 hai diém biéu dién hai nghiém phtic ctia phuong trinh z* +2z+5=0. Tinh
dd dai doan thang AB:

A. 6. B.2. C. 4. D.12.
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Cau 15: Ki hidu z, 14 nghiém phirc cta phuong trinh 42> —4z+3=0 sao cho z, c6 phan 4o la
s6 thye 4m. Diém M biéu dién sd phic w= -2z, thudc goc phan tu nao trén mat phang phirc?
A. Goc phan tur (I). B. G6c phan tu (Ir).
C. Géc phan tu (III) . D. Géc phan tu (IV).
Cau 16. Phuong trinh bac hai nao sau day c6 nghi¢m 1+2i ?

A. 2" -2z+3=0. B. 22 +2z+5=0. C. 22 -2z+5=0. D. 2* +2z+3=0.
Cau 17: Ki hiéu z, z,, z, z, 1a bdn nghiém cia phuong trinh z*+z*-6=0. Tinh

S =|z|+|z,|+|z|+|z,] -

A. S=23. B.5=2(\2-3). C.S5=2V2. D. s =2(2+43).
Ciu 18: Goi z, 1a nghiém phitc c6 phan a0 duwong cua phuong trinh z* +62z+13=0 . Tim toa do
diém M biéu dién sb phitc w=(i+1)z,.

A. M(-5-1). B. M(51). C. M(-1;-5). D. M (1;5).

Céu 19: Goi z, va z, 13 hai nghiém phuc cta phuong trinh z*> —6z+11=0. Gia tri ctia biéu thirc

|3Zl|—|22| béng
A. 22. B.11. C. 211, D. V1.
Ciu 20. Goi z, 1a nghiém phtic c6 phan 40 4m cia phuong trinh 2z —6z+5=0. S6 phic iz,
bang
1 3. 1 3. 1 3. 1 3.
S Lot b Lo
Aty B. o+ € D57y

Cau 21. Goi z, z, la hai nghiém cua phuong trinh 22> —z+1=0. Tinh |z |z, +|z,|z,?

A.-2. B.g. C.1. D.—g.

A < K \ A ‘A ” 3\ 1 ’ [ L + R ’ 1
Ciau 22. Biét z 1a mdt nghiém ctia phuong trinh z+—=1. Tinh gi4 trj cua biéu thirc P=2z"+—
z z

A. P=-2. B. P=0. C. P=4. D.Pzg.
Ciu 23. Goi z,, z, 1a hai nghiém phtic ctia phuong trinh z> —4z+5=0. Gi4 tri clia biéu thirc
‘212‘+‘Z§‘ bang.

A. 10, B. 20. C.6. D. 6-8i.

A <A \ ’ A 5 <\ .7 . R ’ z \
Ciu 24. Biét z,, z, 1a cidc nghiém cta phuong trinh z° —4z+5=0. Gia tri biéu thic —- +2 13
15 % g p g I
2 1

16

A. B. —i. C. —. D.
5 5

W | W
|

Céu 25: Tim phan thue, phan 4o cta sd phirc z, biét z 1a mot cin bac hai ctia w=221+60i va
c6 phan thyc 16n hon phan 4o.
A. Phan thyc bang 15, phan do bang 2. B. Phan thyc bang -2, phan ao bang —15
C. Phan thyc bang —15, phan 4o bang 2. D. Phan thyc bang 15, phan 40 bang 2 .
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2.4.3. BAI TAP VAN DUNG THAP
Cau 26. Xac dinh tat ca cac sb thuc m dé phuong trinh 2> —2z+1-m=0 c6 nghiém phirc z
thoa min |z[=2.

A. m=-3. B.m=-3, m=9.

C.m=1,m=9. D.m=-3,m=1, m=9.

Céu 27. Cho m 14 sd thuc, biét phuong trinh z* +mz+5=0 ¢ hai nghiém phtc trong d6 c6 mot
nghiém c6 phan 4o 1a 1. Tinh tong modun cta hai nghiém.

A.3. B. 5. C.245. D. 4.
Cau28: Goi z,, z, la cdc nghiém phirc cia phuong trinh z*—4z+5=0. Gid tri cua
(Z] _ 1)2018 + (22 _ 1)2018 béng

A, 2", B. 2" . C.0. D. 2%,

2.4.4. BAI TAP VAN DUNG CAO
Cau 29. Xét s6 phiic z théa min |z—2-2i|=2. Gia tri nho nhat cia biéu thuc
P=|z—1—i]+|z—5-2i bang
A. 1+410. B. 4. C. 17 D. 5.
Céu 30. Vi hai s0 phitc z, va z, théa man z +z, =8+6i va |z —z,|=2, tim gi4 tri 16n nhét

cla P=|z|+|z,]|.

A. 46 . B. 2426 . C.5+35. D. 34+32 .
Céu 31. Cho s6 phtc z thoa mén z _1_ - L . Tim gia tri 16n nhat ctia biéu thic
z+3i \/5
P=|z+il+2[z-4+7i.
A. 8. B. 20 C. 2\5. D. 45.

Chu 32. Cho hai s6 phirc z,, z, thoa min |z, —3i+5/=2 va |iz, —1+2i|=4. Tim gi4 trj 16n nhat
cua biéu thire 7 =[2iz, +3z,|.

A. 313 +16. B. J313. C. V313 +8. D. 313+245.

IV- CHUYEN DE 3 : PHUONG PHAP TQA PO TRONG KHONG GIAN

3.1. PHUONG TRINH PUONG THANG TRONG KHONG GIAN

3.1.1. BAI TAP NHAN BIET

Ciu 1. Trong khong gian Oxyz, cho duong thang 4 :x—_l2 = yT—l = % Puong thang d c6 mot

vec to chi phuong 1a
Acu =(-121).  B.u,=(210).  C.uy=(2L1).  D.u,=(-120).
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x=1-t
Céau 2. Trong khong gian Oxyz, cho dudng thiang d:{y=-2+2¢. Vecto ndo dudi day 1a vecto
z=1+t¢
chi phuong cua 4 ?
A.n =\1;—4;1).

B. n=(1;41). C. }_1':\—1;—2;1). D. ﬁ:\—l;z;l).

Cau 3. Trong khong gian Oxyz,cho duong thang d: x:S Y3 % Khi d6 vecto chi phuong

ctia dudng thang d co toa do 1a

A. (4-21). B. (42-1). C. (4-2-1) D. (42;1).

CAu 4. Trong khong gian v6i hé toa dd Oxyz, cho tam gidc ABC véi A(L;L1); B(-L1,0);
C (1; 3;2). Puong trung tuyén xuét phat tir dinh 4 cta tam gidc 4BC nhan vecto 4 nao
dudi day 1a mot vecto chi phuong?

A. a=(LL0). B.a=(-222).  C.a=(-L21). . a=(-L10).

x=2t
y=-—l+t 1a

z=1

Cau 5. Trong khong gian Oxyz , mot vecto chi phurong cia dudng thang A:

o — X —

A. m=(2-L1). B. n=(-2-10).  C.v=(2%-10). u=(211).

Cau 6. Trong khong gian v4i hé truc toa d Oxyz, cho hai diém A(O;—l; —2) va B(2;2;2). Vecto
i nao dudi day 1a mot vecto chi phuong cia dudng thing 4B ?
A. 47:\4;1;\)). B. &:\4;3;4). C. (7=\—4;1;0). D.

ﬁzké;o;u).

Cau 7. Trong khong gian voi hé truc toa do Oxyz cho M (1;—2; 1) , N (0; 1 3) . Phuong trinh duong
thang qua hai diém M , N 1a
A x+1 _ y-=2 _ z+1

B x+1 y-3 z-2
1 2 1

|
\9)
—

Ciu 8. Trong khong gian toa d0 Oxyz, dudng thang di qua diém A(l; —2;3) va cd vecto chi
phuong u= (2;—1;-2) 6 phwong trinh 1a

A x—1 y+2 z-3
2 -1 -2

B. x—1 =y+2=Z—3.
—2 -1 2
C x—1 y+2 z-3

D x+1 y—2 z+3
) 1 2 T2 a1 2
Céu 9. Puong thing (A): XT_I = yT” = il khéng di qua diém nao dudi day?
A. A(-1;2;0). B. (-L-3;1). C. (3;-1-1). D. (L-2;0).
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Céu 10.Trong khong gian Oxyz, duong thang di qua diém A(3;—1; 2) va vuong goc véi mat
(P):x+y—3z—5=0

phang c6 phuong trinh la
A.d:x—lzy—1=z+3. B.d:x+3=y—l=2+2.
-1 2 1 1 -3
C.d:x—3=y+1=z—2. D.d:x+1=y+1=z—3'
1 1 -3 3 -1 2

Cau 11. Trong khong gian Oxyz, cho hai diém A(l; 2;3) va B (2; 4;—1) . Phuong trinh chinh tac
cta dudng thing 4B 1a

A x+1 y+4 z+1 B x—1 y-2 z-3
T 2 4 T 2 —4
C x+2 y+4 z-1 D x+1 y+2 z+3
1 2 —4 1 2 4

Ciu 13. Trong khong gian Oxyz, phuong trinh ndo dudi day la phuong trinh mit phang di qua

M (1;-1;2) va vuéng goc voi duong thing A XTH _r-2_z,

-1 3
A. 2x+y+3z—-9=0. B. 2x—y+3z+9=0.
B. 2x—-y+3z-6=0. D. 2x—y+3z-9=0.

3.1.2. BAI TAP THONG HIEU.

Céu 14. Trong khong gian Oxyz, cho hai diém M(1;0;1) va N(3;2;—1) . Duong thang MN c6

phuong trinh tham s6 13

x=1+2¢ x=1+¢ x=1-—¢ x=1+¢
A.<y=2t . B.<y=¢t . C.3y=t . D.<y=t¢
z=1+t¢ z=1+¢ z=1+¢ z=1-—t¢

Cau 15. Trong khong gian toa dd Oxyz, phuwong trinh ndo dudi ddy 1a phuong trinh chinh tic
x=1+2t
cia duong thang d:{y=3t ?
z=-2+t

Ax+1_1_z—2 Bx—1_1_2+2 Cx+l_z_z—2 Dx—l_l_z+2
) 3 13 ) 3 T2 31

Ciau 16. Trong khong gian Oxyz, cho diém M (1;2;-2) va mat phang (P):2x+y—3z+1=0.

Phuong trinh cta dudng thing di qua M va vudng goc véi (P) la:

x=—1+2¢ x=1+2¢ x=1-2¢ x=2+t
A, y=-2+¢ . B.<y=2+t . C.iy=2+¢t . D. sy=1+2¢
z=2-3¢ z=-2-3¢ z=-2-3¢ z=-3-2t

Cau 17. Trong khong gian Oxyz, duong thang di qua diém A(3;1;2) va vuong goc voi mat

phang x+ y+3z+5=0 c6 phuong trinh 1a
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A»x—3_y—1_z—2 B x+1 y+1 z+3

1 1 3 ) 1 2
C x—1_ y-1 z-3 D x+3 y+1 z+2
T3 1 2 T 1 3

Cau 18. Trong khong gian Oxyz, cho ba diém A(I;I;O),B(I;O;l), C (3;1;0). Duong théng di qua
A va song song v61 BC c6 phuong trinh la:

x4l y+l z B Z+1=y_+1:? c.xT-l y-1_=z D,XT—I_y_—l_?

2 11 T4

1

Cau 19. Trong khong gian v6i hé toa dd Oxyz , cho hai diém A(1;-2;-3); B(-1;4;1) va duong

thing 4.X*2_Y _12 - 253 . Phuong trinh nao dudi day 1a phuong trinh cia duong
thang di qua trung diém cua doan AB va song song vi d?
A x_y—-1_z+1 B x_y-1_z+1 C x—-1 y-1 z+1 D
1 1 2 1 -1 2 1 -1 2
xX_y-2_ z+2
1 -1 2
x=1+2t

Cau 20. Trong khong gian Oxyz, cho duong thangd:{y=3-¢,tcRva mat phang
z=1-t
(P):x+2y—3z+2=0. Tim toa do cua diém 4 1a giao diém ctia dudng thang 4 va mat
phang (P)
A. A(3:53). B. A(1;31). C. A(-353). D. A(1;2-3).
x—1 y+2 z-3
2 -
. Mit phang di qua diém M va vudng goc véi duong thang d c6 phuong trinh 1a
A.3x+2y—z+1=0. B.2x-2y+3z-17=0. C.3x+2y—z—-1=0. D.
2x—-2y+3z+17=0.

Cau 21. Trong khong gian Oxyz, cho diém M(2;—2;3) va duong thing d :

Ciu 22. Trong khong gian véi hé toa dd Oxyz, cho dudng thang 4 : XT_I =2 +12 = % .

Mit phang
(P) di qua diém M (2;0;-1) va vudng goc véi d c6 phuong trinh 1a ?
A. (P):x+y+2z=0. B. (P):x—y—2z=0.C. (P):x-y+2z=0.D.
(P):x-2y-2=0.

4.3.3. BAI TAP VAN DUNG

Céu 23. Trong khong gian Oxyz cho 4(0;0;2),B(2;1;0),C(1;2;-1) va D(2;0;-2). Pudng
thang di qua 4 va vudng goc véi (BCD) ¢ phuong trinh 1a
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x=3 x=3+3¢ x =3t x=3+3¢

A 1y=2 . B.iy=2+2t. C.qy=2t . D. yy=-2+2t

Cau 24.

Cau 25.

Cau 26.

Cau 27. Trong khong gian véi hé toa do Oxyz cho duong thang 4 xz

z=—1+2¢ z=1-t¢ z=2+t z=1-t

Trong khong gian Oxyz cho diém M(-1;1;3) va hai duong thang A: > ;1 _y+3_z-1

2 1

A XT” _ % _ iZ Phuong trinh ndo duéi day la phuong trinh dudng thing di qua M
va vudng goc voi A va A'.
x=-1-t x=—t x=-1-t x=-1-t
A, Sy=1+t B.jy=1+t C.iy=1-t D.y=1+t¢
z=1+3t z=3+t z=3+t z=3+t
Trong khong gian véi hé toa d0 Oxyz cho 4 1; — va hai duong thang
d:X7 = = d 2 = . Phuong trinh dudng thang qua 4,

vudng goc vo1 ¢4, vacat 4, 1a

A»x—l_y+1_z—3 B x-1 y+1 z-3
) 1 3 T4 1 4
C.x—1:y+1=z—3. D.

-1 2 3

x—1 y+1 z-3
2 -1 -1

xX=2+t
Cho hai duong théng (d):}y=1+¢ va (d,): :y—jzil.Dudng théng (A) la duong

»—A|><

z=1+t¢
vuong goéc chung cia (dl) va (dz). Phuong trinh nao sau dau la phuong trinh cta (A)

A x—=2 y—-1 z+2 B x—2 y-1 z-1
T 1 R T 1 2

C x—1_ y—-4 z+1 D x—3 y+2 z+3
T 1 -2 T -1 =2

+1_ y-1_z-2
1

phing (P):x—y—z—-1=0. Viét phuong trinh duong thang A di qua diém A(1L ,
biét A va A céitd .

x=1_ y-1 z+2 B x—-1 y-1 z+2

1 -1 -1 ) 1 3

x=1 y-1 z+2 D x—=1 y-1 z+2

8 3 57 T2 1 1

va mat

A.

C.
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Cau 28. Trong khdéng gian Owxyz, cho duong thang d;gzgzz_z

vad mit phin
! 3 al phang

(P) :x—y+22-6=0.Duong thing nim trong (P) cit va vudng goc v6i d c6 phuong

trinh 1a?

A.x—2=y+2:z+5' B.x+2:y—2:z—;
1 7 3 1 7 3

C.x—2:y—4:Z+l. D.x+2=y+4zz—y
1 7 3 1 7 3

Ciau 29. Trong khong gian véi hé toa d0 Oxyz, cho diém A(l; —2;3) va hai mit phang
(P): x+y+z+1=0, (Q) x—y+z—2=0. Phuong trinh nao dudi day la phuong trinh
duong thang di qua A4 , song song véi (P) va (Q) ?

x=1+t¢ x==1+t¢ x=1+2¢ x=1
A.qy=-2 B. 1y=2 C.y=-2 D. yy=-2
z=3—¢ z=-3—¢ z=3+2¢ z=3-2t

Cau 30. khong gian véi hé toa dd Oxyz, cho diém M (1;—3;4), duong thang d c6 phuong trinh:

x+2 y-5 =z
3 -5

~2 va mat phang (P) : 2x+z-2=0. Viét phuong trinh dudng thing A

qua M vuong géc voi d va song song voi (P)

x—1 y+3 z-4 x—1 y+3 z-4

A. A . = = . B. A . = = .
1 -1 -2 -1 -1 -2

.x—1 y+3 z-4 x—1 +3 z+4

C. A . == = . D- A . — y — .
1 1 -2 1 -1 2

Cau 31. Trong khong gian Oxyz, cho A4(L;1;-1) va duong thing d:x;4 _2=%_ 272 Yinh

2 -1
chiéu vudng goc cuia diém A4 1én duong thang d 1a

A. N(2;2;3). B. P(6;6;3). C. M(2;1;—3). D. Q(l;l;4).

Cau 32. Trong khong gian Oxyz, cho duong théng A x2—1 _ y;Ll _z

12 . Tim hinh chiéu vuong

goc ciia A trén mit phang (Oxy)

x=0 x=1+2¢ x=-1+2¢t x=—1+2¢
A.{y=-1-t. B.{y=—1+¢t. C.iy=1+t . D.y=-1+¢ .
z=0 z=0 z=0 z=0

Cau 33. Trong khong gian véi h¢ toa d0 Oxyz, cho hinh lang try dung ABC.A'B'C" co A(O; 0;0)
, B(2;0;0), C(0;2;0) va A4'(0;0;2). Géc giita BC' va 4'C 1a
A. 45°. B. 60°. C. 30°. D. 90°.
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Cau 34. Trong khong gian v6i hé toa dd Oxyz, cho mit phang (P) :3x+4y+5z-T7=0 va duong

x=2-3¢

thang d:{y=-1-4¢. Géc giira duong thang d va mit phang (P) la
z=2-5t

A. 30°. B. 45°. C. 60°. D. 90°.

Cau 35. Trong khong gian voi hé toa 0 Oxy= tinh khoang cach tir diém M (1;3; 2) dén duong
x=1+t
thang A:{y=1+t.

z=-1

A. 2. B. 2. C.22. D. 3.

V. DE MINH HQA .
Déso 1 (45p)

Cau 1. Cho ham s6 f(x) lién tuc trén R. Ménh dé ndo dudi day dung ?

A. [57(x)dx =5[ f(x)dx. B. |5/ (x)dv=5+] f(x)dv.
c.[5/(de = fxdr D. [ 5/ (x)dx = % [ £
Cau 2. Ménh d nao dudi day dang?

A. Icosxdx=sinx+C. B. J.cosxdx=—sinx+C.
C. jcosxdx=—cosx+C. D. jcosxdx:%coszyﬁC.

3 3
Ciu 3. Biét If(x)dx =5. Gia tri cua J.Sf(x)dx bang
2 2

A.25. B.10. C.15. D.S.

Cau 4. Cho F(x) 1a mot nguyén ham ctia ham s6 f(x) trén doan [a;b] . Ménh dé nao duéi day ding ?
b b

A. j F(x)dx = F(b)—F(a). B. j F(x)dx = F(a)— F(b).
b b

C. [ f(x)dx = F(b)+ F(a). D. [ f(x)dx =—F(b) - F(a).

Cau 5. Cho ham s6 f'(x) lién tuc va khong am trén doan [a;b]. Dién tich hinh phang gi6i han boi d thi ciia ham

s6 y=f(x), truc Ox va 2 duong thing x=a,x =b dugc tinh theo cong thirc ndo dudi day ?

A. S:j-f(x)dx. B.S:—.Tf(x)dx.
C.s =7zi[f(x)]2 d. D. S= ﬂjf(x)dx.

Cau 6. Dién tich ciia hinh phang gidi han boi cac duong y = x,y = 2x%,x=0,x =1 duoc tinh theo cong thirc
nao dudi day ?
| | | 1
A. S:”2x2—x‘dx. B. S:I(2x2—x)dx. C. S:I(x—2x2)dx. D. S='H2x2+x‘dx.
0 0

0 0
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Cau 7. Cho hinh phang gi6i han boi db thi cia ham sb y = f(x) lién tuc va khong am trén doan [1;3] , truc Ox
va hai duong thang x =1, x =3 quay quanh truc Ox, ta dugc khdi tron xoay. Thé tich ciia khdi tron xoay nay dugc
tinh theo cong thirc nao dudi day ?

3 3 3 3
AV =x[[f(0)] dx. B. V= [[f(0)]dx. .V =[ f(x)dx. D. V=7 f(x)dx.
1 1 1 1
Cau 8. Phan 4o ciia s6 phiic z =2 —3i bang
A.-3. B.-3i. C.2. D.3.
Céu 9. Sb phirc lién hop cua sé phiac z=2-5i 1a
A.Z =2+5i. B. z =5i. C.z=-5i. D.z=5-2i.
CAu 10. Cho hai s6 phitc z, =1-3i va z, =—4+i.S6 phiic z, +z, bang
A.—3-2i. B.5—4i. C.—-5+4i. D.—3+2i.
CAu 11. Cho hai s6 phitc z, =2+i va z, =-2+3i. S phirc z, —z, bang
A. 4-2i. B. 4i. C.—4+2i. D.—2i.
Cau 12. Mddun ctia s6 phitc z=3—4i bing
A.S. B. 25. C.3. D. 4.
Cau 13. Trong mit phang toa o, diém biéu dién cta s6 phic z=2-3i 1a
A. M (2;-3). B. N(-3;2). C. P(2;3). D.O(-3;-2).
Céau 14. Sb phirc nao 1a nghiém cta phuong trinh z> +1=0 ?
A.z=1. B.z=-1. C.z=1+i. D.z=1-i.
Cau 15. Trong khong gian Oxyz, cho d = 2. +5.j —k. Toa do clia vecto d 1a
A.(2:3-1). B.(3;2;-1). C.(-123). D.(2-1;3).
Cau 16. Trong khong gian Oxyz, vecto nao 1a mot vecto phap tuyén ctia mit phang (P):2x—y—5z+1=0 ?
A. 7 =\4;—1;—5). B. i, =\% 1;—5). C. n =\% 1;.)'). D. n, 2\45_1;5)'
Cau 17. Trong khong gian Oxyz, diém nao thudc mit phang (P):x—y+2z+1=0 ?
A.M, (1;2;0). B. M, (1;2;1). C. M;(1;3;0). D. M,(-1;2;0).

Cau 18. Trong khong gian Oxyz, phuong trinh ndo 1a phuong trinh ctia duong thang di qua diém A (2;1;-3) va
co6 vecto chi phuong u =(1;—1;2) ?

x=2+t x=1+2¢ x=2+t x=2+t
A qy=1-t . B.<y=—-1+¢t. C.iy=1l-t . D.{y=1-¢
z=-3+2t z=2-3t z=-3-2¢ z=3+2t
x=1-¢

Cau 19. Trong khong gian Oxyz, vecto nao 1a mot vecto chi phuong cta duong thang d :{ y=2+3¢ ?

z=—1+t¢
A.ii, =\ —1551). B. i, =(1;51). C. i, =\1;4-1). D. i, =\ —1;5-1).
x=3+2t
Cau 20. Trong khong gian Oxyz, diém nao dudi day thudc duong thang d ;4 y=1-3¢?
z=—1+t
AM, (3;1;-1). B. M,(2;,-3;1). C. M,(1;3;-1). D. M,(-3;-11).
Céu 21. Ho nguyén ham cia ham s0 f(x) =sin2x la
A. —%costJrC. B.%COSZJHC C. —cos2x+C. D.

cos2x+C.

1
CAau 22. Gia trj cua J‘efxdx bang bao nhiéu ?
0
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e—1 l1-¢

A. B

1
C.e—1. D. —.
e e e

3 10 10
Cau 23. Cho ham séf(x) lién tuc trén R, thoa mén If(x)dx =6 va If(x)dx =3. Gia tri cia If(x)dx
0 3 0
béang bao nhiéu ?
A. 9. B. 18. C.3. D. 30.
2 2 2

Céu24.Cho [ f(x)dr=2 va [g(x)dr=—1.Giati [[2f(x)+3g(x)]dr bingbao nhicu?
-1

1 -1

Al B. 7. C.5. D. 4.
Cau 25. Chohamsb y = f(x) c6 do thi 1a dudng cong trong hinh bén. Dién vA
tich hinh phang gach chéo duoc tinh theo cong thirc nao dudi day ? /
3 3 o) 3
AS=- j F(x)dx. B. S = j £(x)dx.
0 0
: 2 3 2
C.S= j [f)] dv. D. S= ﬂj[ f@] dx.
0 0

Céu 26. Cho hinh thang cong (H ) gi6i han boi cac duong y =e”,y =0,x =—1,x =1. Thé tich clia vat thé tron

xoay duoc tao thanh khi cho hinh (H ) quay quanh truc hoanh duogc tinh theo cong thirc nao duoi day ?

1 1 1 1
A.V:ﬂjezxdx. B.V='[ezxdx. C.V=n_[exdx. D.V=Ie"dx.
—1 —1 -1 -1
Cau 27. Tim céc s6 thuc x, y théoa min x +2i =3+ 4yi.
1 1 1
A . x=3,y=—. B.x=3y=——. C.x=-3,y=—. D. x=3,y=2.
y 5 Y > y ) y
Céu 28. Cho s phirc z théa man z+1—2i=5-5i . Mbdun ctia z bang
A. % B. 54/2. c. V2. D. 5.
. . 1
Cau 29. Ho tat ca cac nguyén ham cua hamso f(x)=— la
X
1 1
A. In|x|+C. B. —In|x|+C. Cc.—~+C. D. ——+C.
X X
1 3 3
Céiu 30. Biét [ f(x)dv=—2 va [ f(x)dx==5. Knido [ f(x)dx bing
0 1 0
A.—2. B.7. C. 2. D. 7.
Dé 56 2(90p)
Céu 1: Cho s§ phirc z théamdn 2—  + .. Médun ciia s phitc w=z"+20+3i 1a
A.S. B. 25. C. 4. D. 3.
. . 2 ) .
CAu 2: Cho s6 phitc z thoa man didu kién — +|z|i =3 . Ménh dé nao sau day dung?
1
A2< < . B.0< < . Cl< < . D.3< <

Cau 3: Trong khong gian Oxyz, cho hai diém 4(—2;3;2) va B(2;1;0). Mit phang trung truc ciia AB ¢ phuong
trinh 1a

A. 2x—y—z+3=0. B.2x+y+z-3=0.

C.4x-2y—-2z+3=0. D.4x-2y+2z—-6=0.
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Cau 4: Goi z;, la nghi¢ém phurc c6 phan 4o duong ctia phuong trinh z*+22—-6=0.Tinh 1.2,

2., B. \/_ C.— . D. —
Cau 5: Goi (H ) 13 hinh phang giéi han boi do thi cac ham sb y=x°,y=0 va dudng thang x = 1 Khi (H )
quay xung quanh truc Ox tao thanh vét thé tron xoay c6 thé tich bang

AT B. =, c.Z. p. I,
7 4 2 7

. o 142 (1-i).z o .

Cau 6: Cho s0 phtic z thba —— = >— +1+3i, gid tri cua |Z| bang
z z

V1 N V10 N

A —O B. —2 10. C. —3 D. —2 10.
10 10 5

Cau 7: Tinh the tich ¥ ctia khoi tron xoay do hinh phang gi¢i han béi cac duong y =sin3x, y=0, x= —g

RY/4
, X = T quay quanh truc Ox .
2 2 2
N 1. L 1
12 24 12 24 12 24 12 24

Cau 8: Trong khong gian Oxyz, cho diém M (2;1;1) va mit phang (P) :x+y—2z—1=0. Puong thing di qua
M vavudng goc vGi (P) c6 phuong trinh 1a

A.x—2=y—1=2—1. B.x—2=y—1=Z—1‘
1 1 -2 2 1 1
x+2 y+1 z+1 b x+2 y+l z+1
2 1 1 T 1 =2
Cau 9: Nghiém c¢6 phan a0 dwong ctia phuong trinh z° +4z+5=01a
A —2—i B. 2-2i C.-2+2i D. 2+i

+iz

. . :ox 2 1 , .
Cau 10: Biét rang tap hop cac di€m bi€u dién sO phlrc W = (Z * —2) la mot duong thang. Gia tri 16n nhat

2+z
cua biéu thuec P = |Z — 4i| la

A. 5. B. 7. C. 8. D. 6.
Céu 11: Cho hai s6 phitc Z=4—1 va w=1546i. S phtc 2z — W bang:
A. 3-8 B.3+4i. C.5-1i. D. -1-7i

Cau 12: Tinh thé tich khéi tron xoay khi quay hinh phing gidi han boi cac duong y =1—x2,y =0 quanh truc
Ox.

LS B, 10T C.
3 15

16
=t

oo |

Cau 13: Tinh tich phan: [ = j xcos xdx.

0
A I =-1. B. /=0. C./1=2. D.[=-2.
Cau 14: Tinh thé tich khdi tron xoay khi quay hinh phing giéi han béi cac duong y =1—x?, y =0 quanh truc
Ox.

AL B. 4™ c. 16 p, 107
3 3 15 15
. . . 1 :
Céu 15: Cho hinh phing (F) gi6i han boi db thi ham s y = NTTSE truc hoanh va cc duong thing X =1,
X+
X =2 . Khéi tron xoay tao thanh khi quay (H ) quanh truc hoanh c6 thé tich bang
5 5 7T, 5
A. rInl5. B. 7ln—. C. —In—. D. —In—.
3 2 3 2 3
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Ciu 16: Trong khong gian Ox)z , cho duong thang A : X+2 _y-3 _z —1

: (m + _lj va mit phang
2

7 2m+1 1 2
P):x—y+2z—-3=0.Giatri cia m dé duong thiang A song song véi (P).
y
Am=2 B. m=-1 c.m=3 D. m=0

Cau 17: Trong khong gian Oxyz, cho diém A(l; 1;3) va mit phang (P) :2x—-3y+z-1=0. Buong thang d di
qua 4 va vudng goc véi mit phang (P) c6 phuong trinh 1a

x-1 y-1 z-3 x-1 y-1 z-3

A. B.
2 -1 3 2 3 1
C. x—2=y+1:z—3. D-x—2=y+3:z—1‘
2 3 1 , q 2 -1 3
Ciu 18: Khoang céch tir diém M (1;2;3) dén mit phing (P):x+2y+2z—1=0 bang
1 2
A2 B. 2 =S D. L.
3 5 3. ‘ 3 7 3
Céu 19: Cho hinh phing (H) gi6i han boi 6 thi ham sé y = x> va duong thing y = 2x
Dién tich hinh phéing (H ) bang
AL B. 4. c. 2 p. 3.
3 3 4
2
Cau 20: Biét Ilnxdx =aln2+b trong 6 a, b 1a cac s6 nguyén. Tinh a+b.
1
A.a+b=1. B.a+b=3. C.a+b=2. D.a+b=-2.

Cau 21: Dién tich hinh phing dugc gi¢i han bsi duong cong ¥ = 3x” truc hoanh va hai duong thing
x=0,x=11a

A §5=6. B. §=3. C.§5=2. D. S=1.
Cau 22: S6 phire lién hgp cta s6 phitc z=2+37 la
A 2— . B.3+ . C.3— . D.— +
Cau 23: : Cho s6 phitc Z thoa man z+ 2z =12+ 3i. Phan 4o ciia Z bang
A. 3. B. 4. C. 3. D. 4.
Cau 24: : C6 tét ca bao nhiéu s6 phirc Z thoa man Z* lasé thuc va ‘Z -2 —l" =27
A. 2. B. 3. c. l. D. 4.
CAu 25: Tinh dién tich hinh phéng gi6i han boi dudng thing y =2x+1 va dd thi hamsé y=x" —x+3
1 1 1 1
A. —. B. —. C. ——. D. —.
7 6 6 8

Ciu 26: Trén tap hop s6 phic C, goi z,,z, 14 hai nghiém phtrc cta phuong trinh 2z +2z+11=0. Tinh gia tri

cia biduthic A=z " +|z, .

A 11 B. 211, C.22. D. 24
1 1 1
Ciu 27: Néu jf(x)dx:3 vi jg(x)dxz—z thi I[f(x)—g(x)]dx bang
A -5 B.1 " s p. 1.

Cau 28: Trong khong gian Oxyz, cho mit cu (S) 2% +y* +2° —4x+2y—11=0 va mit phang
(P) :x—2y +2z—17 =0. Mit phang tiép xtc voi (S) va song song voi (P) c6 phuong trinh la
A. x—2y+2z+16=0 hodc x -2y +2z+8=0. B. x—2y+2z-16=0 hoac x -2y +2z+8=0.
C. x-2y+2z-8=0. D. x-2y+2z+16=0.
Cau 29: Biét rang tap hop cac sb phirc z thoa man diéu kién |Z — 1| =2 1a mot dudng tron. Tim toa do tAm
duong tron do.
A. 0;1 . B. 1,0 . Cc. 0;— . D. —

Cau 30: Tinh dién tich S hinh phang gi¢i han béi d6 thi ham s6 y = x* — 4, tryc hoanh va hai dudng thing
x=0,x=1.

A S= . B.S=— . C.5= . D. S =

J J J J
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Ciu 31: Trong khong gian Oxyz, cho diém M(3; -1 —2) va mit phang (0() :3x—y+2z+4=0. Mit phing
di qua M va song song voi (0{ ) c6 phuong trinh 1a

A.3x—y+2z-6=0. B.3x—y+2z4+6=0.
C.3x—y+2z-14=0. D. 3x—y—-2z-6=0.

Cau 32: Trong khong gian Ox)z, cho hai diém M(Z;I;O) va N(1;2;—2). Mit phang (P) vudng goc véi
MN tai diém N c6 phuong trinh 13

A. x—y+2z—-1=0. B.3x+3y—-2z-13=0.
C.3x+3y—-2z-9=0. D. x—y+2z+5=0.
x=3t
Cau 33: Xac dinh toa d¢ diém A' d6i ximg véi diém A(2;—1;3) qua duong thang (d):4 y=—7+5¢t?
z=2+2t
A. (4;,-3;5) B. (7;—6;8) C. (-1;2;0) D. (3;-2;4)

Céu 34: Cho sb phirc z thoa min (Z +2i )(Z - 4) 1a s6 thuan ao0. Trén mat phang toa do, tap hop diém biéu
dién s0 phtc z 1a dudng tron ¢6 ban kinh bang

A, B. 3. C. 3. D. 5.
CAu 35: Trong khong gian v6i hé toa dd Oxyz , duong thang d di qua hai diém M(2; 3; 4), N(3; 2; 5)
c6 phuong trinh la

A.x—2:y—3:z—4 B-x—3:y—2:z—5
1 1 1 1 -1 1
C.x—2:y—3:z—4 D.x—3:y—2:z—5
1 -1 -1 -1 -1 1
Cau 36: Cho s6 phirc z thoa min (3+4i)Z=10. Mbdun cta sé phitc Z bang
5 1 2
A 2. B. —. C. —. D. —.
2 2 5

Cau 37: Biét tap hop céc sb phirc z thoa man |Z—6i +8| =25 1a mdt dudng tron c6 tdm I(a;b) va ban kinh R .

Tinh tong a+b+ R ta dugc két qua
A. 27. B. 3. C.7. D. 23.

Cau 38: Trong khong gian Oxyz, duong thang di qua hai diém A(1;0;2) va B (4;1;0) ¢6 phuong trinh
tham s 14

x=3+¢ x=1+3¢ x=-1+3¢ x=-3+t¢
A.qy=1 . B.qy=t . C.qyy=t . D.qy=-1
z=-2+42t¢ z=2-2t z=-2-2t z=2+2¢
. , _ 1 z-
Cau 39: Trong khong gian Oxyz, cho diém A(l; 2;3) va duong thang d: x—2 = y2 =z 21. Khoang cach tir
diém A4 dén duong thing d bang
3\5
A= B. 2./5. C. 3\5. D. \5.

Cau 40: Goi z;, z, 1a hai nghiém phurc cua phuong trinh z24+2z+5=0.Tinh |Z1 | + |ZZ|

NENEY B. \13 . c. 5. p. 245

Cau 41: Trong khong gian Oxyz, dudng thing di qua diém M(3; -2; 1) va nhan véc to U = (4;-3;5) 1am véc to
chi phuong c6 phuong trinh tham s6 1a

x=3+4¢ x=4+3¢ x=3+4¢ x=3+4¢
A ly=-2-3¢. B.{y=-3-2¢. C.ly=2-3t. D.{y=-2-3t.
z=1+5¢ z=5+t z=1+5¢ z=1-5¢
2 xdx
Cau 42: Biétj —aln2+bhIn3+cIn5.Tinh S=a+b+c.
1 (x+1)(2x+1)
A. S=-1. B.S5=2. C.5=0. D. S=1.
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CAau 43: Trong khong gian Ox)z, cho hai diémA(3;—2;6), B(O;I;O) va mit cau
(S):(x—1)2+(y—2)2+(z_3)2=25.Métphrfmg (P):ax+by+cz—2=0 diqua 4,B vacit (S) theo

giao tuyén 1a dwong tron ¢6 ban kinh nho nhit. Tinh T'=a+b+c.
A.T=4 B.T=2 c.T=3 D. T =5

Cau 44: Goi z,, 1a nghiém phirc c6 phﬁn ao duong ctua phuong trinh z 2 +6z+13=0. Trén mit phé“ing toa do,
diém biéu dién sé phirc 1 — z,, 1a

A. N(-2;2). B. M (4;2). c. 0(2;-2). D. P(4;-2).
Cau 45: Cho hai s6 phac z=4+3i va w=2+1i. S6 phtcc z+w bing
A. 3+2i. B. 2+2i. C. 6+4i. D. 2+4i.

CAu 46: Cho ham s6 f'(x) lién tyc trén khoang (0;+0) va thoa man 2/ (x)+ xf(lj = X v6i moi
X
2
x> 0. Tinh If(x)dx.
:
7

B. — C.
12

Céu 47: Cho ham s6 y = f (=) ¢6 dao ham 1a f'(z) = (1+ 3cos’ z)sinz,Vz € R va f

| ©

A. D.

NG I
AW

—~

0)=—4.Khi do

[f (x) + 2} dx bang

O — o 3

-2 c.2. D. -2
3 3 3

A.

w | o
=

2

1
Ciu 48: Cho f(x) lién tuc trén [ va thoa man f(2) =16, Jf(2x)dx = 2. Tich phénjxf’(x)dx bang ?
A. 30. B. 36. c. 28, D. 12’

x+ f(x
#dx biétring [ f (x)dx=2

A.l= . B.I= . c.l= . D.I= .
CAu 50: Cho ham s6 f(x) lién tuc trén doan [1;5] . Biét F(x) 1a mot nguyén ham cua f(x) trén doan

4
Cau 49: Tinh tich phan [ = L

5
[1;5] thoa man F(1)=—1 va F(5)=4.Khido [ f(x)dx bing
A. =5 B. 5 a3 D. 3
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